MINIMAL SPACE WITH NON-MINIMAL SQUARE

MAGDALENA FORYS-KRAWIEC

ABSTRACT. We will continue the talk based on paper [2] by L. Snoha
and V. Spitalsky on minimal spaces with non-minimal square, presenting
the proof of the following theorem:

Theorem 1. There exists a metric continuum X admitting a mini-
mal homeomorphism, such that the product X x X does not admit any
minimal continuous map.

We have already defined a Slovak space X as the closure of the graph
of a function F : Xq — [0,1], where Xgq = (C' x [0,1])(y,1)~(h(y),0) IS
a generalized solenoid. We have also classified the path components of
space X (« denotes the orbit of some arbitrarily chosen point zo € X4):

(1) A=m"'(X4\ ) consisting of continuous injective images of real
line,

(2) v = m () consisting of countably many components {Ch }nez,
where each component is a continuous injective image of the closed
half-line;

and the path component of the product X x X:

(1) ax B afeA

2) Cnxa,meZ,a€ A,
(B) axCm,meZ, a€A,

(4) Cm x Cp, m,n € Z.

We said that the only components dense in X x X are those of the first
type. We also showed that for any continuous map G : X x X — X x X
the set of components of first type is invariant and « x + is a fixed point
of G.

In the continuation of the talk we show that any continuous function
G: X xX — X x X has to be of the form T°*® for some nonzero
a,b € Z, where T is a minimal homeomorphism on X. Then we deduce
that in such a case G cannot be minimal.
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